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Rubber & Multiscale differentials
-

( it w
. many people ;

s
,
w

, C G- G- A) -

§egging
the papers :

Novus -Wie
, log . cpct . ofthe Abel- Jacobi section

(orxiv 2017
,
PLA s zo zo

, [ Please update
34 pages ) orXiu version

.

LBCGGTD , Themoduli space of multi -scale differentials,
(arxiv 2019 , 122 pages)↳
in bridge , D.Chen , Gendron , Grushevshg, Miller.

-

M = state of log 1pm table cures ftahergm

Fm univ
.
came .

ifpreferred)

=p:c

Picqm → m universal Picard ; state of line bakes.



②
Details to follow , but in brief :

Crawl : space Rub Dice , logblowwpot-D.ir,
M →PR cycle etc .

(piston formula) .

LBCGGRD : space GMS.fm
cutout Ms EGMS

,

MSN.mm.RS in
'

main component; smooth stack
,

lous of smooth cures in dense .

Today , recall chefs then stretch isomorphism

Rab x M - GMS
.

aj
,
Pie,w

.

( foolishly to set up a
• dictionary between these
-

worlds)
.'

④→M c

3

I 1 I
- u

Rab Pic 'Kwai



As with all talks, this is an exercise in guessing how much my 
audience already know/remember, but I think this one is a bit 
harder than usual. So please do not hesitate to ask if I skip 
over things you would like to be reminded of, or if I go too 
slowly through things that are clear to everyone. 

③
We had .shoot talks in spring giving careful chef. of
GR5 8RS CLXDC , I + Miller)

.

• 2ha from Jonathan explaining Rnb.

so I clearly can't recall all of these in detail,
but I also don't want to assume you remember
them perfectly .

Plan : - Briefly stretch clef of Rub & aj i. Rub→Pic ;

- show how to extractthe various pieces of
addata neededfor G-MS

.



④
DetI Rub in the Inbred cat onam

with objects C %
, p e TECd) where

% log curve , satisfying two conditions.

Notating

.

ht 5 geom.pt of S , we can see ps asa PL

function on the tropical isation Is : in other

words , Ps assigns to each vertex anelf ANTI ,

÷ :*:
. pslh-pscut-lenlhd.pl had .

( change in height = length x slope)

1)We require Image offs on Kerwin totally ordered
with largest elt . I in rT% .

.

(E)2) The fibre product

-④→ 134%4%1
is-a log 1
curve

. C g- fat"



⑤

Rhonc2
Loud 2.won't appear so much in what follows , hence

only sketched Out . But a couple of remarks :

• Was overlooked in Chavs
,
but will be in forthcoming

paper of Jonathan
,
Rahul

,
(Sam ?) :(needed to

make and the ovens true .
•M

• With loud 2, Rub in a smooth stock answers
Q d-Rahul

classically forum ring .

• Cond 2 in the difference between
'

simple
'
& ' non - simple

' construction in BCGGTI
.



BC GG9 data
⑥

-

i

let s s .h
.

local atomic
,

closed pts es .

( Crs
, PETERd) At A Rub .

,BCGGn language

DI.theenhanudlenelgraph-isthedataot-gr.phIs

• the total preorder on verticesof Its induced
by B)

• the slopes plh) = : ke
.

I I

CD

.
length le).

DFg.pl#FtimAhs-sTs
Thesia¥ in the setof

log splittings .



⑦
The sinpblenelrotationgroup-inkoq.nl5,057 .

Eas¥m : The simple evil rotation to-son= a

tus or under the simple level not . gp .

Prongmat-h.gs

Given edge e of Is , let Zeus be

docu cut out by An teens ( ie
-

to uswhere

Inouye,
he persists)

.

Then if I → Xze = blowup alongsatin

induced bye ,
let E = primary A- ein

I
, fin . dale

leg 2 over Ze , i '. I⇒ I. Define
⇒¥

Ne = dot T*Fw%e
- this is justthe pullback of the normal bundle
of the appropriate boundary divisor in M .



⑧

leg : In above notation .
there in a canonical is o

Ne - Gelled .

PI
.
Canonical logs In- on M in divisorat Lombardo

,

& both sides commute w . pull back . I

Bet
.

A localpronyma-trhigatedgee.in
§ section at Ne .

II. Achoice of log splitting Is ⇒s

determines as local prong matching. at
all edges e :

TT Ms
pyprer.hn -

U1

0UY ~_Ne
U

lent e) 1-7 pllen Leg



⑨
Difteuntiabl.ae#AImap-
Want a gon .

multirole differential
,
butno differentials in

the picture job yet .

The AbelJacobi map Rwb Pic

Cfs
,
petits Cts

,
0dp)

'→ of→ →nTP→ 't

%
pnermage is OCTP,
fill in 0

.

So apt of Ruby M is a tipple
i.piyw

(% , petted , 0dB -4%3 .

To extract a collection of resealed differentials :

• 8 takes max .

value I ; on those reties

HIM in canonically trivial , so induces a
section of wars .



④
.

• on nest level down i

• f- 0 Cort . . -1

slope}↳""
g= - we

.

. lanced = - teetered
.

p
log splitting Is→ As determines section A-

Glanced collared
, determining

⑦Ike
,

sang section of 010=01 once,D

\ = can
teen

because
p is a monoid horn .

These then determine differential on nest

level down
,
etc

.



④
The choice f-log splitting its→ As
determines everything in sight, Eis acted on
by simple log level rot - gp .

Homl Is
, OE).

Quotient in ptof GAS .


